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THEOREM. Let f(x) be a real function continuous on [0, 1] with f( I) = O.
Then for any real polynomials P(x), Q(x) which are #0 on [0,1], we have

II
'- PII > f(O)

j Q P[O.l]""[I +(P(O)Q(I»/(Q(O)P(I)l

Proof Let

II PIIf-- =£
Q U[O,l] .

Then

£ > P( I) = (P(O) _ f(O») Q(O) P(I) f(O) Q(O) P(I)
""Q(I) Q(O) P(O)Q(I)+ P(O)Q(I)

> £Q(O)P(I) f(O)Q(O)P(I)
"" - P(O) Q(I) + P(O) Q(l)

and, so,

f(O)

£~ [1 + (P(O) Q(I»/(Q(O) P(l)]
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